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In the second part of the paper, which discusses the construction of Lax pai
dynamicalR-matrices for the Calogero models associated with symmetric pairs(g0, θ)

(g0 being a real semisimple Lie algebra andθ its Cartan involution), the central theore
(Theorem 2) is only valid under an additional hypothesis. This additional restriction c
from the fact that Eqs. (A.28) and (A.29) stated in Appendix A of the paper are not a
correct: in general, one can only guarantee the existence of a Cartan–Weyl basis sa

(A.28′)σEα = −εαEσα, τEα = −E−α, θEα = εαEθα

and

(A.29′)Nθα,θβ = εα+β

εαεβ

Nα,β,

where the coefficientsεα are sign factors (εα = ±1), subject to the following invarianc
properties:

(A.30′)εσα = εα, ε−α = εα, εθα = εα.

These sign factors cannot always be eliminated: they depend on the symmetric pai
consideration.

Indeed, the proof of Eqs. (A.28) and (A.29) given in Appendix A of the paper con
an error, which occurs in the 8th formula on p. 568: this equation should read

fα+βÑα,βẼθα+θβ = Ñα,βθẼα+β = θ
([

Ẽα, Ẽβ

]) = [
θẼα, θẼβ

]

= fαfβ

[
Ẽθα, Ẽθβ

] = fαfβÑθα,θβẼθα+θβ,
✩ doi of original article: 10.1016/S0550-3213(01)00506-5.
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where we have changed notation, writing̃Nα,β rather thanNα,β for the structure constan
in the original Cartan–Weyl basis. Therefore, the coefficientsfα continue to satisfy the
conditions stated in the 9th formula on p. 567, but the 10th formula on p. 567 mu
replaced by

fα+βÑα,β = fαfβÑθα,θβ,

which we may write more briefly as

fα+β = ±fαfβ,

since it can be guaranteed “a priori” that the structure constants areθ -invariant up to signs
i.e.,

Ñ2
θα,θβ = Ñ2

α,β .

This relation is valid in any Cartan–Weyl basis, i.e., any basis satisfying the c
tions (A.3)–(A.6) and (A.9) of the paper, since in any such basis, the value ofN2

α,β is
completely determined by the shape of theα-string throughβ and sinceθ , being an auto
morphism, transforms theα-string throughβ into theθα-string throughθβ .

The argument in the remainder of the proof may now be adapted to prove Eqs. (A′)–
(A.30′) as stated above. Obviously, if the sign factorsεα are all equal to 1, then the structu
constants areθ -invariant. Conversely, one can use the original argument to show that
structure constants areθ -invariant, then the Cartan–Weyl basis may be chosen so tha
sign factorsεα are all equal to 1.

Unfortunately, it turns out that the proof of the central theorem of this part of the p
(Theorem 2 on p. 552) breaks down when the structure constants are onlyθ -invariant up to
signs, rather thanθ -invariant. In other words, the conditionεα ≡ 1 has to be considered a
an additional selection criterion, further restricting the choice of symmetric pairs for w
the method for constructing a Lax pair and a dynamicalR-matrix presented in the pap
works.

Finally, a more detailed analysis reveals that the question whether it is possi
eliminate these sign factors by a judiciously chosen change of signs in the choice
root generatorsEα depends on the behavior of the real roots in∆, that is, the rootsα in ∆̃

for which θα = −α. For example, it can be shown that ifεα = 1 for all real roots, then it is
always possible to find a transformation of the formEα → ±Eα such that in the new basi
εα = 1 for all roots. On the other hand, it is easy to see that if there are two real rootsα and
β such thatα + β is also a root, then it is impossible to find such a transformation, sim
because in this case,Nθα,θβ = N−α,−β = −Nα,β and thusεα+βεαεβ = −1. This situation
prevails for the AI-series, whereas the first case prevails for the AII-series (where
are no real roots) and for the AIII-series, corresponding to the complex Grassma
SU(p, q)/S(U(p) × U(q)) (where, in the standard basis,εα = 1 for all roots). This is the

example discussed at length in the paper, for which all results stated in the paper remain
correct.
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